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ARTICLE

Depth dependent stress revealed by aftershocks
Peter Shebalin1 & Clément Narteau 2

Characterising the state of stress in the brittle upper-crust is essential in mechanics

of faulting, industrial production processes, and operational earthquake forecasting. Never-

theless, unresolved questions concern the variation of pore-fluid with depth and the absolute

strength on tectonically active faults. Here we show that, along the San Andreas fault system,

the time-delay before the onset of the power-law aftershock decay rate (the c-value) varies

by three orders of magnitude in the first 20 km below the surface. Despite the influence of

the lithostatic stress, there is no continuous change in c-value with depth. Instead, two decay

phases are separated by an abrupt increase at an intermediate depth range of 2–5 km. This

transitional regime is the only one observed in fluid-injection-induced seismic areas. This

provides strong evidence for the role of fluid and a porosity reduction mechanism at depth of

few kilometres in active fault zones. Aftershock statistics can then be used to predict changes

in differential shear stress with depth until the brittle-ductile transition is reached.
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Despite an increasing number of observations along the San
Andreas fault system, no consensus has been reached
about the absolute strength of the major strike-slip faults

that accommodate the right-lateral motion between the Pacific
and North American plates1–7. The absence of heat flow anomaly
near the major fault segments4 as well as the apparent high angle
between these fault planes and the direction of the maximum
horizontal compressive stress1 suggest an extremely weak fault in
term of friction coefficient8. Other arguments related to stress
rotation in transpressional plate boundaries support a strong-
fault hypothesis6. In all debates, the role of fluids has to be
considered because pore pressure may linearly compensate for the
overburden pressure at depth5,9. Under such condition, the fric-
tional strength of faults decreases significantly as the pore pres-
sure increases in excess to hydrostatic10. Hence, changes in pore
pressure have been proposed as a generic mechanism for seis-
micity and aftershock sequences11–13. This mechanism has been
extensively studied in mining or fluid injection sites where fluid
pressure and stress diffusion may trigger seismic events or con-
siderably change the earthquake rate14–17. However, there is still
no well-established relation between earthquake statistics and
pore pressure along active tectonic faults.

Direct measurements of the stress magnitude in the brittle
upper-crust relies on drilling methods using hydraulic fractures
and wellbore breakouts1,18. Due to the needs for large and
homogeneous samples to examine the level of stress along active
fault zones, indirect measurements are still required and earth-
quakes continue to provide the most informative data for com-
parative analysis19–21. Stress directions are generally derived from
inversion of focal mechanisms22,23. Independently, earthquake
catalogues are increasingly used to infer changes in stress inten-
sity from deviations of well-known distributions in statistical
seismology24. The two main parameters under investigation are
the slope of the earthquake size distribution, the b-value25, and
the time delay before the onset of the power-law aftershock decay
rate, the c-value26. As the time for nucleation and growth of
brittle cracks is likely to decrease with the level of stress27, it was
proposed that b and c-values reflect the same failure mechanisms
within the process zone and the aftershock area during and after
the dynamic rupture, respectively. Then, as shown from obser-
vations, they both exhibit the same negative dependence on
stress24,25.

Here, we concentrate on aftershock sequences along the San
Andreas fault system to evaluate how the c-value varies with
depth. We show that a sharp increase in c-value at intermediate
depth of 2–5 km separates two decay phases with different slopes.
These three different phases of the c-value vertical profile are
consistent with variations in stress predicted by the Anderson’s
faulting theory and the Coulomb faulting theory considering a
porosity reduction mechanism at intermediate depth. We con-
clude that such variations of stress magnitude can naturally
explain changes in earthquake statistics with depth, as well as the
apparent weakness of faults along major strike-slip faults in
California.

Results
Vertical c-value profiles in California. We examine aftershock
sequences along the San Andreas fault system using the hypo-
center information of the modern waveform relocated catalogues
for southern and northern California from 1984 to 201628–30. To
identify mainshocks, we deselect earthquakes of magnitude
smaller than M which are within a 0.02 × 100.5M km radius circle
during the first 0.04 × 100.55M days after a magnitude M event31.
Keeping the same spatial scaling, earthquakes that precede larger
events by less than 24 h are classified as potential foreschocks. All

the remaining events are mainshocks. Their respective after-
shocks are selected in the time interval [tstart, tstop] after the
mainshock time using again the same spatial scaling. For tstart=
10 s, tstop= 1 day and M≥ 2.5, we obtain non-overlapping
aftershock sequences from which we can analyse the early after-
shock decay rate.

Another critical issue of our declustering method is that the
selected earthquakes are classified in ranges of magnitude. Here,
we focus only on 2.5<MM< 3.5 mainshocks and 1.8<MA< 2.8
aftershocks. By analysing only large aftershocks of small
mainshocks, we do not only reduce artefacts related to catalogue
completeness over short time, we also study narrow ranges of
magnitude over which c keeps a relatively large and constant
value32,33. To reduce the impact of faulting style on c-values, we
select only mainshocks along a set of well-defined subvertical
strike-slip faults in narrow bands of 15 km wide down to focal
depths of 20 km. Ultimately, we analyse 3000 aftershock
sequences comprising 4839 events within the first day after the
mainshock (1668 and 3295 in southern California, 1332 and 1544
in northern California). Then, we stack aftershocks according to
the mainshock time to compensate for the small number number
of events in each sequence.

We use uniform priors in a Bayesian estimation of the
parameters of the Modified Omori Law,

ΛðtÞ ¼ K

ðcþ tÞp ; ð1Þ

to characterise the exponent p of the power-law aftershock decay
rate and the duration c of the early stage of aftershock activity that
does not fit with this power-law regime34. From the entire stacked
sequence, Fig. 1 shows the Bayesian posterior densities of {c, p}
for shallow (4–6 km) and deep (9–13 km) aftershocks. These two
distributions do not overlap below their 99% interior range, so
that there are statistically significant differences between shallow
and deep aftershock sequences along strike-slip faults in
California. The incompatibility between these two distributions
resides more in the c-value than in the p-value as indicated by the
marginal posterior distributions of these two parameters (Fig. 1).
This suggests that the time delay c is more sensitive to depth than
the power-law exponent p (see “Methods” section). Hence, we
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Fig. 1 Influence of depth on the aftershock decay rate in zones of strike-slip
faulting in California. Bayesian posterior densities of {c, p} in two depth
intervals of 4–6 km (blue, 557 events) and 9–13 km (red, 556 events)
considering a single stack of aftershocks for all the major strike-slip faults.
Contours are the deciles of each distribution. Curves show the probability
distribution functions of the marginal posterior distributions of p (left) and c
(top)
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document only variations in c-value estimating the parameters of
the original Omori formula Λ(t)= K/(c + t). Thus, we reduce the
uncertainty imposed by the positive dependence on the estima-
tion of both {c, p}-values34. In addition, we can also recover the
variation of c-value using the tg

� �
-value, the geometric mean of

aftershock times over the same time period [tstart, tstop] (see
“Methods” section). This non-parametric estimator of the time
delay before the onset of the power-law aftershock decay rate is
free from uncertainties related to the fitting procedure and do not
rely on the validity of the Modified Omori Law35.

For each strike-slip fault under investigation, we isolate the
corresponding stack of aftershocks and select them according to
depth using a sliding window with a thickness of 3 km and a step
of 0.3 km. Figure 2 shows the evolution of c-values with respect to
depth for all these faults. Despite some variations related to the
spatial distribution of seismicity in these specific areas and
overlapping error bounds, a similar behaviour may be observed
across the entire California: a sharp increase in c-value at shallow

depth (≤5 km) is followed by a continuous decrease to depth of
about 15 km. As a result, the c-value may drop by more than two
orders of magnitude from 15mn at depth of 5 km to 20 s in the
neighbourhood of the brittle-ductile transition zone. These
estimates are obtained from independent sets of events, mainly
in southern California where a larger number events occur over a
wider depth range (e.g., San Andreas and San Jacinto faults). In
all places, the continuous change in c-value is due to the moving
step of the overlapping sliding-window for event selection,
which gradually replaces a small proportion of aftershocks in
the stacks. Finally, the dependence of the c-value on depth is
tested by checking that similar signals can be recovered using
the tg

� �
-value and a different declustering procedure36–38

(see “Methods” section).
To explain these vertical c-value profiles, the stress magnitude

at depth may be directly estimated from the Anderson faulting
theory and limited by Coulomb faulting theory, which gives the
maximum values of the differential shear stress before failure
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Fig. 2 Influence of depth on the time delay before the onset of the power-law aftershock decay rate along major strike-slip faults in California. a Logarithm
of the most probable c-value for p= 1 with respect to the mean depth of the selected aftershocks within the 3 km depth bins along individual faults. Error
bars show the 95% Bayesian credibility regions for the c-value. b Major strike-slip faults in California and location of the selected mainshocks (colour code
as in a)
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(see “Methods” section). Considering a constant friction coeffi-
cient8, the increase of the lithostatic stress with depth results in a
linear increase of the minimum differential stress to initiate slip
along pre-existing faults. Then, the systematic decrease in c-value
in the depth interval from 5 to 15 km agrees with previous studies
concluding that the time delay before the onset of the aftershock
decay rate is negatively correlated to the differential shear
stress24,32,39,40. On the opposite, the abrupt increase in
c-value occurring in the shallow part of the crust (<5 km) cannot
be explained by the linear increase of the lithostatic stress. To
investigate this anomalous behaviour, we analyse the triggered
seismicity in the neighbourhood of two industrial injection
sites41,42, the Geyser and the Salton Sea geothermal plants. Using
all earthquakes in two circles of 10 km radius centred at (38°06″
N, 122°48″W) and at (33°12″N, 115°36″W), we apply the same
procedure as along strike-slip faults to identify mainshock-
aftershocks sequences. Figure 3 shows the evolution of the c-value
with respect to depth for these two geothermal areas. In Geysers,
a zone where all the seismicity is triggered by fluid injection, there
is no earthquake below 5 km. In Salton Sea, where natural and
fluid-induced earthquakes coexist, seismic events are observed to
depth of 8 km. Despite all the differences between these two sites,
they both exhibit the same c-value behaviour with respect to
depth: a drastic increase of more than three orders of magnitudes
from depth of 2 km to depth of 6 km. Such a behaviour can be
directly compared to c-value variations at shallow depth along
strike-slip faults, thereby shedding light on the role of fluid in
these active fault zones.

In geothermal areas, the observed seismicity and local stresses
are directly correlated to fluid-injection operations. The triggered

seismic activity may then be associated with a relaxation process
of stress and pore pressure in both space and time. Such a
mechanism may naturally explain the increase in c-value with
depth, i.e., with the distance from the injection source. Along
strike-slip faults, we infer that a porosity reduction mechanism at
depth of few kilometres could play the same role and strongly
reduce the strength of pre-existing fractures.

In order to account for a porosity reduction mechanism in the
Coulomb faulting theory, we propose a model for the evolution of
the pore pressure with depth (Fig. 4a, see also “Methods” section).
Since we concentrate on statistical properties that are averaged
over space and time, we consider that pore pressure does not
operate a sharp jump from its hydrostatic to its near-lithostatic
regimes. Instead, below a threshold depth zc, we assume that the
transition between these two regimes takes the form of an
exponential relaxation with a characteristic thickness L (Fig. 4a).
Combining the fault strength derived from this pore pressure
profile with a creep rheology usually used to describe the brittle-
ductile transition at larger depth (see “Methods” section), Fig. 4b
shows the strength envelop for a friction coefficient μ= 0.75. The
variation of c-value is superimposed on this strength envelop
using a different axis on the same graph. The comparison
between these two signals reveal striking similarities at all depths.
At intermediate depth between 2 and 5 km (i.e., zc= 2 km and
L= 1 km), the transition from hydrostatic to near-lithostatic
pore-pressure conditions gives the depth-range within which the
c-value increases. Above and below this transition layer, the rapid
and slow increases in c-value are governed by the increase in
lithostatic stress under hydrostatic and near-lithostatic pore-
pressure conditions, respectively. Finally, for depth larger than
15 km, intercrystalline plasticity is thermally activated, creep
dominates and the differential shear stress collapses. A transition
which is also captured by the c-value.

Discussion
The depth-dependent behaviour of the c-value is not a con-
sequence of background contamination or an artefact related to
the working assumption of p= 1. It can be independently
recovered for southern and northern California estimating
simultaneously the background seismicity and both the c and
p-values (see “Methods” section). However, local properties along
faults in California are likely to differ and, because we rely on a
limited amount of data, they cannot be individually inferred from
aftershocks. This is why the overall effect of the confining stress
and pore-pressure should be averaged at the length scale of
California considering only events along major strike-slip faults.

The vertical c-value profiles presented in Figs. 2 and 4 illustrate
how the differential stress control the duration of the preliminary
phase of aftershock sequences at all depths across the brittle
upper-crust. Similar results have been obtained for the slope b
of the earthquake size distribution43. A monotonic decrease in
b-value between 5 and 15 km as well as a rapid increase below the
brittle-ductile transition may be directly linked with similar
behaviours of the c-value over the same depth intervals. In
addition, an increase in b-value with respect to depth has also
been documented at shallow depth (<5 km), but not interpreted.
This symptomatic behaviour can reflect the porosity reduction
mechanism revealed by aftershocks (Fig. 4). In this case, the
magnitude of stress usually proposed from the slope b of earth-
quake size distribution44 may be overestimated and warrant
further investigation.

Using small magnitude events occurring along strike-slip faults
in California, aftershock statistics show that the characterisation
of the state of stress in the brittle-crust should account for near
lithostatic pore-pressure conditions. These conditions appear to
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Fig. 3 Influence of depth on the time delay before the onset of the power-
law aftershock decay rate in zones of fluid-injection-induced seismicity.
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be associated with a pore-reduction mechanism as a result of a
loss of structural connectivity and fluid trapping within the
fracture networks of active fault zones. As predicted by theory
and observed from aftershocks, this most likely occurs in the
vicinity of a percolation threshold at intermediate depth between
2 and 5 km. Within this transition layer, both the fracture
strength and the frictional strength decrease significantly to levels
which could explain the apparent weakness of faults at this depth
and deeper, where most of the seismic energy is released, in the
depth range between 5 and 15 km. Such a control of pore-
pressure on the aftershock decay rate support the increasing body
of evidence highlighting the role of fluids along the San Andreas
fault system, a necessary ingredient for the weak fault model.
Moreover, the present study shows that aftershocks may provide
indirect estimates of the magnitude of stress through the variation
of well-established statistical parameters. This information could
now be used to develop new quantitative methods not only in the
physics of faulting and seismic hazard studies but also in indus-
trial settings where deep injection of fluids are known to produce
earthquakes.

Methods
Frictional rheology. The Mohr–Coulomb theory proposes that shear failure in a
homogeneous medium subject to a uniform triaxial stress {σ1, σ2, σ3} should occur

on optimally oriented planes. These planes are parallel to the intermediate shear
stress σ2 and form an angle Θ with σ1, the maximum compressive stress. Then, the
condition for faulting is governed by:

τ � μσn; ð2Þ

where μ is a coefficient of static friction, and σn and τ are the normal stress and the
shear stress resolved on the fault surface. This condition may be rewritten in terms
of the principal stresses in order to determine with respect to μ the angle Θ and the
differential shear stress (σ1 − σ3) at which faulting may occur45. In this context, the
orientation of the principal shear stresses not only determines the faulting
mechanism but also the amplitude of the differential shear stress.

The effective overburden stress at a depth z in the crust is:

σv ¼ ρrgzð1� λÞ; ð3Þ

where ρr is the crustal density, g the acceleration due to gravity, and 0≤ λ≤ 1 the
pore fluid factor. In practice, we have

λ ¼ P
ρrgz

¼ P
Plith

; ð4Þ

where P is the pore-fluid pressure and Plith= ρrgz the lithostatic pressure. Following
the Anderson’s theory of faulting, the minimum differential stress to initiate slip at
a given depth and fluid pressure is:

σ1 � σ3ð Þ ¼ R0 � 1ð Þ
qðR0 � 1Þ þ 1ð Þ ρrgzð1� λÞ; ð5Þ

where q= 0 for thrust faults,

0<q ¼ σ2 � σ3ð Þ
σ1 � σ3ð Þ<1 ð6Þ

for strike-slip faults, q = 1 for normal faults, and

R0 ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffi
1þ μ2

p
� μ

� ��2
: ð7Þ

Pore pressure depth profile. To explain the vertical c-value profiles observed
along strike-slip faults in California (Figs. 2, 4), we consider a change in pore
pressure regime with respect to depth. In practice, we assume that the pore pres-
sure P operates a transition from hydrostatic to nearly lithostatic as depth exceeds a
threshold value zc. Thus, below this critical depth, the reduction of porosity and
permeability generate isolated pockets of excess pore pressure. As these pockets
increase in number and size according to depth, there is a continuous loss of pore
connectivity, which could be associated with a rapid increase in pore pressure.
Ultimately, it should be associated with a percolation threshold. Nevertheless, to
account for spatial and temporal heterogeneities at the scales of the stacks of
aftershocks under examination in this study, we consider an exponential relaxation
of the pore fluid factor of the form:

λðzÞ ¼
ρw
ρr

for z< zc;

ð1� εÞ þ ρw
ρr
� ð1� εÞ

� �
exp zc�z

L

� �
for z � zc;

8>>>><
>>>>:

ð8Þ

where ρw is the density of water, L a characteristic length for a complete loss of pore
connectivity, and ε the ratio of pore pressure to lithostatic stress at great depth (i.e.,
z � zc þ L). All the parameter values for this pore pressure depth profile are given
in Table 1 (see also the inset in Fig. 4).

Creep rheology. Intercrystalline plasticity is a thermally activated process46, which
is responsible for the brittle-ductile transition at depth. For a given strain rate _ε, the
differential shear stress of a steady-state flow of rocks by intercrystalline processes
obeys a relationship of the form:

σ1 � σ3ð Þ ¼ _ε

A

	 
1=n

exp
E

nRT

	 

; ð9Þ

where E is an activation energy, n the stress exponent, R the gas constant, T the
absolute temperature, and A a constant47.

Strength envelope. In order to determine strength envelopes, the strength at any
given depth is the lower of the brittle and ductile differential shear stress (see Eqs.
(5) and (9), respectively). For the strength envelope in Fig. 4, we consider strike-slip
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depth of the selected aftershocks within the 3 km depth bins (see all
mainshocks in Fig. 2b). Error bars show the 95% Bayesian credibility
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faulting, σ2= σv (Supplementary Fig. 1) and

σ2 ¼ σ1 � σ3
2

) q ¼ 1
2
: ð10Þ

All the other parameter values of Eqs. (5) and (9) are shown in Table 1.

Space-time parameterisation of the declustering procedure. Studying more
than 30 years of seismicity, the quality of the catalogues may have changed for the
magnitude range under investigation. We compare two time periods, 1984–2000
and 2001–2016, considering together all the aftershocks selected along major sub-
vertical strike-slip faults in California (Fig. 2). The vertical c-value profiles are
similar for the two time periods (Supplementary Fig. 2), indicating that there is no
influence of catalogue completeness on the depth-dependent behaviour.

Along major strike-slip faults, the majority of slip is confined in narrow layers48

within a wider zone of damage, the so-called fault zone. To estimate how the
vertical c-value profile varies across fault zones, we vary the width (Supplementary
Fig. 3a) and the position (Supplementary Fig. 3b) of the layer in which we select
mainshocks and aftershocks. The depth dependence of the c-value is stable up to a
distance of 15 km from the faults. At greater distances, c-values are larger and show
no systematic variation with respect to depth. A tendency of smaller c-values at
shorter distances from faults is observed in most depth ranges.

The vertical c-value profile is computed from the average depth of aftershocks
in each depth range. Similar results are obtained using the average depth of
mainshocks (Supplementary Fig. 4), except in the neighbourhood of the brittle-
creep transition below 13 km, where triggered events are likely to represent a higher
proportion of seismicity than in the brittle upper part of the crust49.

Both the spatial and temporal windows of the declustering procedure scale with
the magnitude M of the mainshocks: R= 0.02 × 100.5M is the radius of influence
expressed in kilometres; T= 0.04 × 100.55M is the time of influence expressed in
days. Leaving the scaling exponents unchanged, the same vertical c-value profiles
are obtained when increasing or decreasing T and R-values by a factor 2
(Supplementary Fig. 5).

Influence of the magnitude ranges on the c-value depth profile. All c-values are
computed for MA

min � MA � MA
max aftershocks of MM

min � MM � MM
max main-

shocks within the time interval [tstart, tstop]. These six parameters {MA
min, M

A
max,

MM
min, M

M
max, tstart, tstop} have a regular effect on the c-value, which is negligible

compared to the influence of depth through the brittle crust. An increase of the
Mmin

A -value or a higher range Mmin
A ;Mmax

A

� �
of aftershock magnitude lead to

smaller c-values almost at all depths (Supplementary Fig. 6a, c). Meanwhile, a
change inMmax

A -value for Mmin
A ¼ 1:8 has no influence on c-values (Supplementary

Fig. 6b). An increase of Mmin
M , Mmax

M or a higher range Mmin
M ; Mmax

M

� �
of mainshock

magnitude lead to higher c-values, especially close to the depth of the brittle-ductile
transition (Supplementary Fig. 6d–f). Finally, c-values show no dependence on the
time window [tstart, tstop] (Supplementary Fig. 6g, h). These variations in c-value
with the difference between mainshock and aftershock magnitudes are consistent
with recent findings from Davidsen and Baiesi50.

The declustering method. Other declustering methods should also lead to same
vertical c-value profiles. Here, we test an alternative approach dedicated to the
identification of earthquake clusters using nearest neighbour distance in time-
space-magnitude domains36–38.

For each pair of earthquakes {i, j}, we compute the proximity function51,

νij ¼
tij rij
� �df 10�bmi for tij>0;

þ1 for tij � 0:

8>>><
>>>:

ð11Þ

where tij= tj − ti is the event intercurrence time, rij the spatial distance between the
epicentres, mi the magnitude of event i, df the fractal dimension of the epicentres,
and b the slope of the earthquake-size distribution. Then, we construct families of
nearest neighbours using a threshold ν0 for the proximity function36,38. The ν0-
value determines the maximum time-space-magnitude distance between parents
and offsprings. Each offspring in a family has only one parent, the closest event
using the proximity function. Each parent may have several offsprings. A family
may consist of several generations of offsprings. In order to identify direct
aftershocks, we select only the first-generation offsprings of the largest magnitude
event in each family.

Using the proximity function and first-generation offspring events,
Supplementary Figs. 7 and 8 show the same behaviours as in Figs. 2a and 4,
respectively. The parameterisation {ν0, b, df} of this new declustering method has
no effect on these results for ν0 ∈ [10−7; 10−3], b ∈ [0.8; 1.2], and df ∈ [1.3; 2]
(Supplementary Fig. 9a–c). The similarities between the results obtained by the two
declustering methods indicate that changes in c-values are not due to artefacts
arising from a specific method. In addition, using all generation offsprings, the
dependence on depth of the c-value is not as clear as the one observed using only
first-generation aftershocks (Supplementary Fig. 9d). This confirms the importance
of the stress perturbation induced by the mainshock and also suggests that the
current parameterisation of our window-based declustering method is likely to
isolate aftershock sequences mainly composed of direct aftershocks, i.e., first-
generation offsprings (see the {MA

min, M
A
max, M

M
min, M

M
max, tstop}-values in

Supplementary Fig. 6).

Background activity and {c, p}-values. The simultaneous estimation of both c
and p-values gives the same dependence on depth of the c-value as that observed
for p= 1 (Supplementary Fig. 10). Despite more dispersion of these estimates and a
signal with lower amplitude when the p-value is not fixed, the same transient
increase in c-value is observed at intermediate depth between 2 and 5 km. The
continuous c-value decreases below 6 km exhibit also the same slope in all cases.
The p-value is quite constant at all depths (p≲ 1) with variations that show no
positive correlation with those of the c-value. Then, except for shallow events
(<4 km) in southern California, the posterior dependence between c and p has a
smaller impact than depth on both parameter estimates.

Except for the first two kilometres, the level of seismic noise in the aftershock
sequences is quite uniform at all depths and never exceed 20% (red dots in
Supplementary Fig. 10). Over the first day before and after the mainshocks, these
levels of noise in the aftershock sequences correspond to seismic rates which are on
the same order of magnitude as the rates of foreshock occurrence (dark green dots
in Supplementary Fig. 10).

Using our declustering method, many mainshocks are not associated with
aftershocks, especially at shallow depth (see pink and light green dots in
Supplementary Fig. 10). Considering together all mainshock-aftershocks sequences,
our selection procedure agrees with the Bath law that states that a mainshock of M
= 3 (the mean value of the mainshock magnitude range) should have on average
one aftershock with M≥ 1.8.

Northern and southern California. The depth-dependent behaviour of aftershock
statistics are similar for the entire California and separately for northern and
southern California (Supplementary Fig. 10). In all areas, a rapid increase in c-value
at intermediate depth (≤5 km) is followed by a continuous decrease to depth of
about 15 km. The larger number of events in southern California allows to
investigate a wider range of depth and reduce uncertainties on both c and p-values
estimates. In southern California, the c-value varies over a range which is an order
of magnitude larger than that in northern California. Hence, the Bayesian posterior
densities of {c, p} in southern California show a more distinct separation between
shallow and deep aftershocks than in northern California (Supplementary Fig. 11).
In both areas, most of the differences are associated with changes in c-values
despite the posterior dependency between the parameters c and p of the Modified
Omori Law34.

A non-parametric estimator of the c-value. Considering a single aftershock
sequence, we define tg

� �
as the geometric mean of elapsed times from mainshocks

Table 1 Model parameter values for the strength envelope
shown in Fig. 4

Variable Units Units

g m s−2 9.81
ρw – 103

ρr – 2.3 × 103

Friction parameters
μ – 0.75
q – 0.5
Creep parameters
_ϵ s−2 10−12

A MPa−n s−1 3.2 × 10−4

n – 2.30
R J mol−1 K−1 8.31
E kJ mol−1 140
∂T/∂z Km−1 0.02
Pore pressure parameters
Zc m 2.0 × 103

L m 103

ε 0.1

Note: In Eq. (9), the temperature T expressed in Kelvin is T ¼ 273þ ∂T=∂z, where ∂T=∂z is the
vertical temperature gradient. See the text for the description of all the other variables. For the
friction and creep parameters, all the values come from literature data47,53. The parameter zc, L,
and ε of the vertical pore pressure profile are the only free parameters used to fit the data
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to aftershocks within a fixed time window [tstart, tstop]:

tg
� � ¼

ffiffiffiffiffiffiffiffiffiffiYn
i¼1

ti
n

s
¼ exp

1
n

Xn
i¼1

ln tið Þ
 !

; ð12Þ

where ti, i ∈ [1, 2, …, n], is the time between the ith aftershock in [tstart, tstop] and
the mainshock. If the aftershock decay rate follows the Omori–Utsu law, λ(t)= K/
(t + c), Shebalin et al.35 have shown that tg

� �
is an implicit function of c, tstart, and

tstop (and not K). Accordingly, the arithmetic mean of the logarithms of the elapsed
times from the mainshock to aftershocks,

ln tg
� �� � ¼ 1

n

Xn
i¼1

ln tið Þ; ð13Þ

may be used as an estimator for the logarithm of the c-value. Because it can be
easily compute from aftershock times without a fitting procedure, the tg

� �
-value is

first used to identify systematic variations of the characteristic time before the onset
of the power-law aftershock decay rate52. Then, the c-value may be estimated using
the solution of an explicit equation (Eq. (9) in Shebalin et al.35). This property is
valid for a stack of aftershock sequences with a constant c-value. For stacks of
aftershock sequences with different c-values, the distribution will not exactly follow
the Omori–Utsu law, but averaging on the logarithm of times still make sense,
given an estimate of the corresponding mean value.

Similar dependences on depth are observed using the Bayesian estimates of the
c-value or the geometric mean tg

� �
of elapsed times from mainshocks to

aftershocks (Supplementary Figs. 12–14). The largest deviations are in cases of
small number of aftershocks in the analysis (large error bars). However, the
difference between the two procedures may be quite regular in specific seismic
zones. For example, the difference is near constant at all depths along the Imperial
and Laguna Salada faults. In Geysers and Salton Sea water-injection sites the
difference has an opposite sign.

Data availability. The data that support the findings of this study are available
from the corresponding author upon reasonable request. The python package to
perform Bayesian analysis of the Modified Omori Law can be downloaded from
http://www.ipgp.fr/~narteau/.

Received: 21 February 2017 Accepted: 19 September 2017

References
1. Zoback, M., Zoback, M., Eaton, J., Mount, V. & Suppe, J. New evidence on

the state of stress of the San Andreas fault system. Science 238, 1105–1111
(1987).

2. Mount, V. S. & Suppe, J. State of stress near the San Andreas fault: implications
for wrench tectonics. Geology 15, 1143–1146 (1987).

3. Molnar, P. in Fault Mechanics and Transport Properties in Rocks, A Festschrift
in Honor of W. F. Brace, Vol 51 of International Geophysics (eds Evans, B.
& Wong, T.-F.) Ch. 18 359–435 (Academic Press, London, 1992).

4. Lachenbruch, A. H. & Sass, J. Heat flow from Cajon Pass, fault strength, and
tectonic implications. J. Geophys. Res. 97, 4995–5015 (1992).

5. Rice, J. R. in Fault Mechanics and Transport Properties of Rocks, A Festschrift in
Honor of W. F. Brace, Vol 51 of International Geophysics (eds Evans, B.
& Wong, T.-F.) Ch. 20 475–503 (Academic Press, London, 1992).

6. Scholz, C. H. Evidence for a strong San Andreas fault. Geology 28, 163–166
(2000).

7. Zoback, M. et al. Scientific drilling into the San Andreas fault zone—an
overview of SAFOD’s first five years. Sci. Drill. 11, 14–28 (2011).

8. Byerlee, J. Friction of rocks. Pure Appl. Geophys. 116, 615–626 (1978).
9. Faulkner, D. R. & Rutter, E. H. Can the maintenance of overpressured fluids in

large strike-slip fault zones explain their apparent weakness? Geology 29,
503–506 (2001).

10. Nur, A. & Byerlee, J. An exact effective stress law for elastic deformation of rock
with fluids. J. Geophys. Res. 76, 6414–6419 (1971).

11. Nur, A. & Booker, J. Aftershocks caused by pore fluid flow? Science 175,
885–887 (1972).

12. Miller, S. A. Fluid-mediated influence of adjacent thrusting on the seismic cycle
at Parkfield. Nature 382, 799–802 (1996).

13. Miller, S. A. et al. Aftershocks driven by a high-pressure CO2 source at depth.
Nature 427, 724–727 (2004).

14. Talwani, P. & Acree, S. Pore pressure diffusion and the mechanism of reservoir-
induced seismicity. Pure Appl. Geophys. 122, 947–965 (1984).

15. Shapiro, S. A., Huenges, E. & Borm, G. Estimating the crust permeability from
fluid-injection-induced seismic emission at the KTB site. Geophys. J. Inter. 131,
F15–F18 (1997).

16. Walsh, F. R. & Zoback, M. D. Oklahoma’s recent earthquakes and saltwater
disposal. Sci. Adv. 1, e1500195 (2015).

17. Rubinstein, J. L. & Mahani, A. B. Myths and facts on wastewater injection,
hydraulic fracturing, enhanced oil recovery, and induced seismicity. Seismol.
Res. Lett. 86, 1060–1067 (2015).

18. Fuchs, K. & Müller, B. World stress map of the earth: a key to tectonic
processes and technological applications. Naturwissenschaften 88, 357–371
(2001).

19. Narteau, C., Shebalin, P. & Holschneider, M. Loading rates in California
inferred from aftershocks. Nonlinear Process. Geophys. 15, 245–263 (2008).

20. Kagan, Y., Bird, P. & Jackson, D. Earthquake patterns in diverse tectonic zones
of the globe. Pure App. Geophys. 167, 721–741 (2010).

21. Chu, A., Schoenberg, F. P., Bird, P., Jackson, D. D. & Kagan, Y. Y. Comparison
of etas parameter estimates across different global tectonic zones. Bull. Seismol.
Soc. Am. 101, 2323–2339 (2011).

22. Oppenheimer, D. H., Reasenberg, P. A. & Simpson, R. W. Fault plane
solutions for the 1984 Morgan Hill, California, earthquake sequence: evidence
for the state of stress on the Calaveras fault. J. Geophys. Res. 93, 9007–9026
(1988).

23. Hardebeck, J. L. & Hauksson, E. Role of fluids in faulting inferred from stress
field signatures. Science 285, 236–239 (1999).

24. Narteau, C., Byrdina, S., Shebalin, P. & Schorlemmer, D. Common dependence
on stress for the two fundamental laws of statitical seismology. Nature 462,
642–645 (2009).

25. Schorlemmer, D., Wiemer, S. & Wyss, M. Variations in earthquake-size
distribution across different stress regimes. Nature 437, 539–542 (2005).

26. Narteau, C., Shebalin, P. & Holschneider, M. Temporal limits of the power-law
aftershock decay rate. J. Geophys. Res. 107, B122359 (2002).

27. Atkinson, B. Fracture Mechanics of Rocks (Elsevier, Amsterdam, 1991).
28. Hauksson, E., Yang, W. & Shearer, P. M. Waveform relocated earthquake

catalog for southern California (1981 to June 2011). Bull. Seismol. Soc. Am. 102,
2239–2244 (2012).

29. Yang, W., Hauksson, E. & Shearer, P. M. Computing a large refined
catalog of focal mechanisms for southern California (1981–2010): temporal
stability of the style of faulting. Bull. Seismol. Soc. Am. 102, 1179–1194
(2012).

30. Waldhauser, F. & Schaff, D. Large-scale relocation of two decades of northern
California seismicity using cross-correlation and double-difference methods.
J. Geophys. Res. 113, B08311 (2008).

31. Tsuboi, C. Earthquake energy, earthquake volume, aftershock area, and
strength of the Earth’s crust. J. Phys. Earth 4, 63–66 (1956).

32. Davidsen, J., Gu, C. & Baiesi, M. Generalized Omori-Utsu law for
aftershock sequences in southern California. Geophys. J. Inter. 201, 965–978
(2015).

33. Shcherbakov, R., Turcotte, D. L. & Rundle, J. B. A generalized Omori’s law for
earthquake aftershock decay. Geophys. Res. Lett. 31, L11613 (2004).

34. Holschneider, M., Narteau, C., Shebalin, P., Peng, Z. & Schorlemmer, D.
Bayesian analysis of the modified Omori law. J. Geophys. Res. 117, B06317
(2012).

35. Shebalin, P., Narteau, C., Holschneider, M. & Schorlemmer, D. Short-term
earthquake forecasting using early aftershock statistics. Bull. Seimol. Soc. Am
101, 297–312 (2011).

36. Zaliapin, I. & Ben-Zion, Y. Earthquake clusters in southern California I:
identification and stability. J. Geophys. Res. 118, 2847–2864 (2013).

37. Gu, C., Schumann, A. Y., Baiesi, M. & Davidsen, J. Triggering cascades
and statistical properties of aftershocks. J. Geophys. Res. 118, 4278–4295
(2013).

38. Zaliapin, I. & Ben-Zion, Y. A global classification and characterization of
earthquake clusters. Geophys. J. Int. 207, 608–634 (2016).

39. Hatano, T., Narteau, C. & Shebalin, P. Common dependence on stress for the
statistics of granular avalanches and earthquakes. Sci. Rep. 5, 12280 (2015).

40. Lippiello, E., Giacco, F., Marzocchi, W., Godano, C. & de Arcangelis, L.
Mechanical origin of aftershocks. Sci. Rep. 5, 15560 (2015).

41. Schoenball, M., Davatzes, N. C. & Glen, J. M. Differentiating induced and
natural seismicity using space-time-magnitude statistics applied to the coso
geothermal field. Geophys. Res. Lett. 42, 6221–6228 (2015).

42. Zaliapin, I. & Ben-Zion, Y. Discriminating characteristics of tectonic
and human-induced seismicity. Bull. Seismol. Soc. Am. 106, 846–859
(2016).

43. Spada, M., Tormann, T., Wiemer, S. & Enescu, B. Generic dependence
of the frequency-size distribution of earthquakes on depth and its
relation to the strength profile of the crust. Geophys. Res. Lett. 40, 709–714
(2013).

44. Scholz, C. H. On the stress dependence of the earthquake b value. Geophys. Res.
Lett. 42, 1399–1402 (2015).

45. Sibson, R. H. Frictional constraints on thrusts, wrench and normal faults.
Nature 249, 542–544 (1974).

46. Edmond, J. & Paterson, M. Volume changes during the deformation of rocks at
high pressures. Int. J. Rock Mech. Min. Sci. Geomechanics Abstr. 9, 161–182
(1972).

NATURE COMMUNICATIONS | DOI: 10.1038/s41467-017-01446-y ARTICLE

NATURE COMMUNICATIONS |8:  1317 |DOI: 10.1038/s41467-017-01446-y |www.nature.com/naturecommunications 7

http://www.ipgp.fr/~narteau/
www.nature.com/naturecommunications
www.nature.com/naturecommunications


47. Ranalli, G. Rheology of the lithosphere in space and time. Geol. Soc. Lond. Spec.
Publ. 21, 19–37 (1997).

48. Chester, F. M., Evans, J. P. & Biegel, R. L. Internal structure and weakening
mechanisms of the San Andreas fault. J. Geophys. Res. 98, 771–786 (1993).

49. Rolandone, F., Burgmann, R. & Nadeau, R. M. The evolution of the
seismic-aseismic transition during the earthquake cycle: constraints from
the time-dependent depth distribution of aftershocks. Geophys. Res. Lett. 31,
L23610 (2004).

50. Davidsen, J. & Baiesi, M. Self-similar aftershock rates. Phys. Rev. E 94, 022314
(2016).

51. Baiesi, M. & Paczuski, M. Scale-free networks of earthquakes and aftershocks.
Phys. Rev. E 69, 066106 (2004).

52. Shebalin, P., Narteau, C., Zechar, J. D. & Holschneider, M. Combining earthquake
forecasts using differential probability gains. Earth Planets Space 66, 37 (2014).

53. Scholz, C. H. The Mechanism of Earthquakes and Faulting (Cambridge
University Press, Cambridge, 1990).

Acknowledgements
We acknowledge financial support of C.N. from the UnivEarthS LabEx programme of
Sorbonne Paris Cité (ANR-10-LABX-0023 and ANR-11-IDEX-0005-02), the French
National Research Agency (ANR-12-BS05-001-03/EXO-DUNES), and of P.S. from the
Russian Science Foundation, Project 16-17-00093.

Author contributions
P.S. and C.N. designed the study and wrote the manuscript together. P.S. performed the
data analysis. C.N. worked on the interpretation of results.

Additional information
Supplementary Information accompanies this paper at doi:10.1038/s41467-017-01446-y.

Competing interests: The authors declare no competing financial interests.

Reprints and permission information is available online at http://npg.nature.com/
reprintsandpermissions/

Publisher's note: Springer Nature remains neutral with regard to jurisdictional claims in
published maps and institutional affiliations.

Open Access This article is licensed under a Creative Commons
Attribution 4.0 International License, which permits use, sharing,

adaptation, distribution and reproduction in any medium or format, as long as you give
appropriate credit to the original author(s) and the source, provide a link to the Creative
Commons license, and indicate if changes were made. The images or other third party
material in this article are included in the article’s Creative Commons license, unless
indicated otherwise in a credit line to the material. If material is not included in the
article’s Creative Commons license and your intended use is not permitted by statutory
regulation or exceeds the permitted use, you will need to obtain permission directly from
the copyright holder. To view a copy of this license, visit http://creativecommons.org/
licenses/by/4.0/.

© The Author(s) 2017

ARTICLE NATURE COMMUNICATIONS | DOI: 10.1038/s41467-017-01446-y

8 NATURE COMMUNICATIONS |8:  1317 |DOI: 10.1038/s41467-017-01446-y |www.nature.com/naturecommunications

http://dx.doi.org/10.1038/s41467-017-01446-y
http://npg.nature.com/reprintsandpermissions/
http://npg.nature.com/reprintsandpermissions/
http://creativecommons.org/licenses/by/4.0/
http://creativecommons.org/licenses/by/4.0/
www.nature.com/naturecommunications

	Depth dependent stress revealed by aftershocks
	Results
	Vertical c-value profiles in California

	Discussion
	Methods
	Frictional rheology
	Pore pressure depth profile
	Creep rheology
	Strength envelope
	Space-time parameterisation of the declustering procedure
	Influence of the magnitude ranges on the c-value depth profile
	The declustering method
	Background activity and c, p-values
	Northern and southern California
	A non-parametric estimator of the c-value
	Data availability

	References
	Acknowledgements
	Author contributions
	Competing interests
	ACKNOWLEDGEMENTS




